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Abstract
The objective of this work is to establish pertinent criteria allowing an optimal alternative to be chosen
for calculating the inputs needed to make Run/Repair/Replace decisions and to program inspection
plans for cracked wind turbine bearing rings. With this aim, the growth of a hole-edge through-crack
was predicted analytically, simulated and measured in a 42CrMo4 steel plate subjected to mode-I
cyclic loading. Dierent alternative procedures according to BS 7910:2013 tness-for-service code were
implemented. Unexpectedly, the numerical calculation of the local stresses in the uncracked body did
not improve the estimations of the critical crack length and the number of cycles to failure performed
following purely analytical alternatives. That alternative underestimated the critical crack length by
50%. Among the alternatives studied, the one based on numerically calibrated stress intensity factors
and crack growth coecients characterized at the corresponding stress ratios proved to be the most
suitable one. Following that alternative, the fatigue life was found to be overestimated by 3.96% in
the best scenario whereas the critical crack length was underestimated with an error less than 3%,
determined using the Failure Assessment Diagram (FAD) as a failure criterion.

Keywords: Fatigue crack growth, tness-for-service, bearing ring, BS 7910:2013, alternative
predictions, experimental validation.
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Nomenclature
Latin characters
a

Crack length (mm)

da/dN

Crack growth rate (mm/cycle)

E

Young's modulus (GPa)

e

Thickness of the component (mm)

f

Crack opening function (-)

H

Width of the component (mm)

K

Stress intensity factor (MPa mm1/2 )

L

Load (N)

M

Geometric factor (-)

N

Number of cycles (-)

P

Applied axial force (N)

R

Stress ratio (-)

Greek characters
ε

Strain (-)

σ

Strength, normal stress (MPa)

Subscripts and superscripts
()b

Bending

()c

Critical

()m

Membrane

()

loc

Local

()max

Maximum

()r

Ratio

()

rem

Remote

()th

Threshold

()u

Ultimate

()y

Yield

Abbreviations
CT

Compact Tension

FAD

Failure Assessment Diagram

FEA

Finite Element Analysis

SIF

Stress Intensity Factor
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1. Introduction and motivation
Fatigue crack growth represents one of the predominant failure mechanisms in bearings used for
pitch rotation of wind turbine blades (see Figure 1a). In particular, the in-service cracking of the
outer ring is a major issue, as it has been reported by many bearing manufacturers from the wind
energy industry [1]. This ring displays holes at a regular distance for bolt tightening, grease ttings
and other handling and maintenance operations, which act as stress concentrators giving rise to local
concentrations of the nominal stresses. At a given point along the lifetime of the bearing, a crack may
initiate at the edge of a hole where stresses reach maximum values. Firstly, the crack propagates as a
surface crack, afterwards evolving to a through-crack that leads eventually to a catastrophic failure of
the ring, as shown in Figure 1b [1].

Figure 1: a) Schematic representation of a wind turbine and some internal components [2]. b) A real blade bearing ring
broken during operation (courtesy of RBB Engineering
[1]).

©

Such components are usually made of 42CrMo4 steel, which exhibits excellent hardenability properties allowing high hardness to be achieved on the raceway [3]. Regarding loading conditions, the
critical location where the crack initiates is subjected to multiaxial variable amplitude stresses, generated by the tightening preload of the bolts and the wind and inertial loads transmitted from the
blades through the rolling elements. Nevertheless, the variable component of the total stress tensor
causing fatigue cracking is predominantly uniaxial in the hoop direction, what explains the mode-I
growth observed in Figure 1b [1].
In order to make Run/Repair/Replace decisions and to program inspection plans for cracked bearing
rings, the following parameters must be considered: 1) critical crack length and 2) number of cycles to
failure. These parameters can be calculated by a crack propagation analysis performed according to
tness-for-service procedures as those proposed in BS 7910:2013 [46]. In any case, lifetime predictions
are performed by integrating crack growth law, taking the Stress Intensity Factor (SIF) range as
an input, until the sudden failure is detected by evaluating the Failure Assessment Diagram (FAD)
[7]. However, the BS 7910:2013 standard allows dierent alternatives for lifetime prediction to be
applied, which dier in terms of prediction accuracy and invested assessment time. The computation
of SIF ranges and FAD evaluation may be done analytically resorting to closed form formulas of
dierent standardized geometries [7] or numerically, using Finite Element Analysis (FEA) [810]. For
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computing the crack growth rate, a number of crack growth laws are available [11] either using crack
growth coecients taken from literature or characterized ad hoc.
Fatigue crack growth has drawn the attention of many researchers in the last decades [1216] and
has become a mature eld of study. More specically, extensive research has been conducted regarding
crack growth near holes or circular notches [1722]. However, a remarkable lack of comparative studies
is noticed that quantify and justify discrepancies between the dierent predictions resulting for real
cases based on aforementioned alternative procedures.
The objective of this work is to establish pertinent criteria allowing an optimal alternative to
be chosen for calculating the inputs needed to make Run/Repair/Replace decisions and to program
inspection plans for cracked wind turbine bearing rings. With this aim, the crack growth in the larger
ligament of a drilled plate made of 42CrMo4 steel, subjected to mode-I cyclic loading (Figure 2) is
studied. Crack propagation is predicted according to the alternatives mentioned above and is also
simulated jointly using the FRANC3D and ANSYS codes. An experimental campaign is conducted,
in which real components are tested under three dierent load ranges and stress ratios. Finally, the
experimental lifetime data are compared with the simulated and analytically derived results, providing
useful guidance for practical design of wind turbine bearing rings.

Figure 2: Structural detail studied in this work.

2. Crack growth predictions based on BS 7910:2013
The methodology proposed for predicting the evolution of a growing crack from the edge of a hole in
a plate subjected to mode-I cyclic load (Figure 2) is depicted in Figure 3. This methodology complies
with guidelines and recommendations given in BS 7910:2013 [7] (Guide

acceptability of aws in metallic structures ).

to methods for assessing the

The analyst has to introduce crack and body dimensions and the maximum and minimum values
of the applied load as input. Additional material data are needed, namely, tensile properties, crack
growth curve coecients at the particular stress ratio, threshold stress intensity factor range and
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Figure 3: Methodology for predicting crack growth in the studied case.

fracture toughness. The main output is the crack length progress as a function of the number of
cycles, from the initial crack until the catastrophic failure.
The algorithm is based on an iterative procedure consisting of three main steps: 1) calculation of the
stress intensity factor range within one single cycle, 2) computation of the crack advance and updating
of the crack length and 3) verication of crack acceptability according to the Failure Assessment
Diagram (FAD). The computation procedure ends when unacceptable conditions are encountered.
In step 1), the variation of the stress intensity factor is calculated, which represents a valid fracture
parameter under the hypothesis of linear elastic behavior of the 42CrMo4 steel. For this particular
geometry, no closed-form formulas are available in the literature for calculating the SIF as a function
of stresses or applied loads. Therefore, the SIF may be either approximated using expressions corresponding to similar predened geometries or computed by nite element analysis of the actual awed
body. In either approach, analytical or numerical, the study case is simplied to a one-dimensional
problem. A single value of SIF is computed for the entire crack front and all its points are considered
to advance the same extent, restricting the front shape to be straight.
In step 2), the crack extension is computed and the crack dimension is updated. With this aim,
crack growth rate is calculated substituting the SIF range in one of the crack growth laws available from
the literature [11], while Paris law [23] and the NASGRO equation [24] are used here. For describing
the material behavior, both approaches resort to empirical tting coecients, which are taken directly
from BS 7910:2013 or characterized at particular stress ratios. Crack length increment is obtained by
5

multiplying the crack growth rate by the number of cycles, and this increment is added to the previous
crack length.
In step 3), the algorithm checks that the computed crack at the current iteration is acceptable
under maximum load, using for that the Failure Assessment Diagram, as proposed by BS 7910:2013
[7]. This tool is applied for static assessments, and evaluates the acceptability of the awed body in
terms of brittle fracture and plastic collapse of the remaining ligament [25]. The last version of BS
7910 oers three

options for generating the FAD curve that dierentiates the safe and unsafe regions

and for locating the evaluation point that describes the state of the awed body [7].
From an industrial and practical point of view, there are several alternatives for applying the steps
included in the methodology depicted in Figure 3. The degree of complexity and number of hypotheses
vary from some alternatives to others, leading to predictions of distinct accuracy. In this work, three
dierent alternatives are suggested for computing SIF range and for doing FAD evaluation, which
are combined with two dierent ways of computing the crack growth rate. These alternatives are
summarized in Table 1 and are explained below in greater detail. They are denoted Alternative 1,
Alternative 2 and Alternative 3, being accompanied by a (G) or (C) whether generic (from literature)
or characterized growth coecients are used.

Alternative

Table 1: Dierent alternatives for the methodology applied.
da/dN

SIF calculation

Coecients for

FAD evaluation

Alternative 1 (G)

∆σ and ∆K analytically

Generic

Option 2 from

Alternative 1 (C)

(Figure 4a)

Characterized

BS 7910:2013

Alternative 2 (G)

∆σ by FEA and ∆K

Generic

Option 2 from

Alternative 2 (C)

analytically (Figure 4b)

Characterized

BS 7910:2013

Alternative 3 (G)

∆K by FEA

Generic

Option 3 from

Alternative 3 (C)

(Figure 4c)

Characterized

BS 7910:2013

2.1. SIF range calculation
2.1.1. Alternative 1: Analytical calculation of the SIF range based on remote stresses computed analytically
In Alternative 1, the SIF range is computed using the calibration of TC03 crack case from NASGRO
manual [26] (Figure 4 a). This predened geometry is similar to the one studied here, except for the fact
that the crack must be located on the shortest one of the two ligaments, what does not happen in the
present case. In order to overcome this problem, the components tested are assumed to be symmetric,
with two equal ligaments at both sides of the hole. In this way, both ligaments are supposed to be as
long as the shortest one in the real component and crack growth predictions are conservative.
TC03 crack case relates the stress intensity factor to remote stresses as shown in Figure 4a. In
rem
this particular study, only the membrane stress (S0, σm
) resulting from the applied axial force is

considered, being calculated as the ratio between the magnitude of the force and the far-eld crosssectional area of the actual components. Note that e and H in equation (1) are thickness and width,
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Figure 4: Notch and crack geometries for stress intensity factor calculation: a) through-crack from an oset hole in a
plate [26], b) extended surface aw in a plate [7] and c) nite element model of the cracked component.

respectively.

1
∆P
(1)
eH
NASGRO software does not have closed-form formulas for the SIF calculation of built-in geometries,
rem
∆σm
=

but rather interpolates between tabular data stored in its database. For a particular combination of
remote membrane stress and crack length the relationship between stress and SIF, ξ (a), is obtained
in NASSIF module of NASGRO v8.1 software. Using expression (1), the SIF range in Alternative 1 is
computed as (2).

∆K =

ξ(a)
∆P
eH

(2)

2.1.2. Alternative 2: Analytical calculation of the SIF range based on local stresses computed numerically
In Alternative 2, the formula applicable to extended surface aws in plates (Figure 4b) is applied
for SIF range computation (3). This crack growth case does not account for the fact that on the
opposite side of the hole there is an uncracked ligament taking over part of the applied load.
loc
∆K = Mm ∆σm
+ Mb ∆σbloc

√

πa

(3)

loc
In equation (3) Mm and Mb are geometric factors dened in [7]. σm
and σbloc are membrane and

bending components of the local stresses calculated on the cracked ligament, omitting the presence of
the aw [7].
The local stress distribution may be calculated by nite element analysis. With this aim, an
elastic model of the unawed components is built in ANSYS v17.2, applying the pertinent boundary
conditions (restricted displacements and rotations at both ends) and imposing the axial force. Then,
the normal stress distribution is computed on the mid-plane of the longest ligament, where the stresses
are slightly higher than at the free surfaces of the component. The irregular stress prole, which is
higher at the hole edge due to stress concentration, is linearized so that the assumed stress is higher
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than the actual one throughout the whole ligament (see Figure 4b). Membrane (4) and bending (5)
stress components are obtained by [7]:
loc
σm
=

σ1 + σ2
2

(4)

σ1 − σ2
(5)
2
σ1 and σ2 are the maximum normal stress at the hole edge and the minimum normal stress at the end
σbloc =

of the ligament, respectively (see Figure 4b). Based on the hypothesis of linear elastic material, both

σ1 and σ2 are directly proportional to the load, that is, σ1 = αP and σ2 = βP . The proportionality
constants α and β may be calculated under any load, and the membrane and bending components of
local stress ranges may be expressed by (6) and (7).
loc
∆σm
=

α+β
∆P
2

(6)

α−β
∆P
(7)
2
Substituting equations (6) and (7) into (3), the SIF range is calculated as a function of the applied
∆σbloc =

force range by:

∆K = (Mm (α + β) + Mb (α − β))

∆P √
πa
2

(8)

2.1.3. Alternative 3: Calculation of the SIF range by FEA
In Alternative 3, the SIF range is obtained by nite element analysis. An elastic model of the
awed body is built in ANSYS v17.2 (Figure 4c). Young's modulus and Poisson's ratio of 42CrMo4
steel are assigned to the model. The bulk of the body is meshed using 10-node quadratic tetrahedrons
with a nominal size three times smaller than the thickness dimension. In the crack region, 20-node
quadratic hexahedrons are arranged following a radial/ring pattern (see Figure 4c), which are about
10 times smaller than the previous elements. Crack front is meshed using 15-node quadratic wedge
elements. The model is xed at the lower end by restricting displacements and rotation. The transversal movement and rotation are restricted at the upper end, and an axial force is applied on this zone.
The stress intensity factor for a given combination of load and crack length is computed by means of
contour integration.

2.1.4. Response curves for Alternatives 1, 2 and 3
Before starting the prediction algorithm, the crack case or nite element model is solved under
a unitary force of 1 kN for several crack lengths ranging between the initial and nal values, using
NASGRO (Alternative 1) or ANSYS (Alternatives 2 and 3). Response curves, like the ones shown
in Figure 5, are generated. Once the algorithm is operating, the unitary stress intensity factor for a
particular crack length is interpolated from those curves. Subsequently, this value is multiplied by the
load variation assuming linear elastic behavior of the material.
In Alternative 3 no simplications are adopted regarding geometry so that loads and boundary
conditions applied to the nite element model represent testing conditions faithfully. That is why the
8

Figure 5: Response curve of the stress intensity factor for dierent crack lengths under an applied unitary force of 1 kN.

values belonging to this alternative are known to be the most realistic ones among the three response
curves. In Alternative 1 the SIF is overestimated, with an error that increases with growing crack
length. This is due to the assumption that there are two short ligaments at both hole sides (see section
2.1.1). For that reason, the estimated SIF grows asymptotically as the crack length reaches 22.5 mm,
which is the length of the short ligament in this particular case (see Figure 8). The values from
Alternative 2 are even more conservative, since the assumptions are focused on local stresses. This
means that the stress distribution is computed numerically along the ligament where the prospective
crack propagates, but avoiding the presence of the crack. Thereafter, as crack grows, Alternative 2
assumes that the initial net stress is redistributed entirely in the remaining ligament, omitting that
on the opposite side of the hole there is an uncracked ligament. This explains why in Alternative 1,
initially, the SIF is estimated correctly but for a = 26 mm it is overestimated by a factor of 10.

2.2. Crack increment computation and update of crack length
2.2.1. Alternative (G): Use of generic crack growth coecients
In Alternative (G), generic coecients are used in the crack growth rate calculation. In this case,
these values are taken from the BS 7910:2013 [7] by considering the family of steels operating in air or
other non-aggressive environments at temperatures up to 100 °C. This standard provides coecients
for Paris law (9), such as C = 5.21e−13 and n = 3 for da/dN in mm/cycles and ∆K in MPamm1/2 .

da
= C∆K n
dN

(9)

2.2.2. Alternative (C): Use of characterized crack growth coecients
In Alternative (C), the crack growth law coecients are obtained by tting the NASGRO equation
(10) to crack growth curves as characterized ad hoc for 42CrMo4 at dierent stress ratios. Contrary
to Paris law, the NASGRO equation considers stress ratio and crack closure eects, and captures the
9

sigmoidal shape of crack growth curves in bi-logarithmic scale. The crack opening function, f , is
calculated as in [27].


n
1−
da
1−f
=C
∆K 
dN
1−R
1−


∆Kth p
∆K
q
Kmax
Kc

(10)

2.3. FAD evaluation
The BS 7910:2013 standard suggests the use of the Failure Assessment Diagram for predicting
sudden failure of cracked components. Depending on the time and information available for the
analysis, three dierent

options can be applied to perform the evaluation. Here only Option 2 and

Option 3 are implemented.

2.3.1. Alternative 1: Assessment line and evaluation point based on the Option 2 procedure
In Alternative 1, the Failure Assessment Diagram (FAD) is evaluated based on Option 2 procedure
presented in BS 7910:2013 [7]. The assessment line that distinguishes the safe and unsafe regions is
generated by the closed-form equation (11), where εref is the true strain at the true stress σref = Lr σy .
This implies the need for determining the characteristic coordinates of the σ − ε tensile curve for the
42CrMo4 steel.


f (Lr ) =

Eεref
L3 σy
+ r
Lr σy
2Eεref

−1/2
→ 0 ≤ Lr <

σy + σu
2σy

(11)

The vertical coordinate of the evaluation point, Kr , is obtained as the ratio between the stress
intensity factor for the crack length at the current iteration under maximum load and the fracture
toughness. The horizontal coordinate, Lr , is computed as the ratio between the reference stress under
maximum load and the yield strength of the material.

Kr =

Kmax
σ max
; Lr = ref
Kmat
σy

(12)

Since the predened geometry selected in Alternative 1 (Figure 4a) is not contemplated by BS
7910:2013, no analytical formula can be applied for the reference stress calculation. Instead, the
expression given in [26] is used for computing the maximum normal stress in the ligament.

2.3.2. Alternative 2: Assessment line and evaluation point based on the Option 2 procedure
In order to perform FAD evaluations, the assessment line for the Alternative 2 is the same one as
that used in Alternative 1. The maximum stress intensity factor and the reference stress, as well as
the corresponding ratios (Kr and Lr ), are calculated analytically. The geometry for extended surface
aws (Figure 4b) is included for the calculation according to BS 7910:2013 so that all the required
equations are taken from this standard.
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2.3.3. Alternative 3: Assessment line and evaluation point based on the Option 3 procedure
In Alternative 3, the assessment line is derived using J-integral results from the elastic and elasticplastic models of the component studied, by means of:

r

K
(13)
KJ
The assessment line is forced to pass through a given Kr value at Lr = 1 [25], thus being independent
f (Lr ) =

of the crack length.

f (Lr = 1) =

0.002E
1
1+
+
σy
2


−1 !−0.5
0.002E
1+
σy

(14)

The horizontal and vertical coordinates of the evaluation point are dened by:

Kr = Kr (PLr =1 )

Pmax
Pmax
; Lr =
PLr =1
PLr =1

(15)

3. Simulation of crack growth using FRANC3D
Crack growth was simulated using the fracture analysis software FRANC3D 7.1.0 jointly with
ANSYS v17.2 [28]. In this way, the dierent approaches consistent with the BS 7910:2013 standard
are compared with state-of-the-art simulation tools that incorporate the latest research advances.
In FRANC3D, a sub-model of the crack propagation region was cropped from the global model
of the components built previously in ANSYS. Then, an initial straight through-crack was created
through the graphical user interface. The program remeshed the sub-model to insert the aw, but
the surface meshes of the faces shared by sub-model and global model were not modied (see Figure
6). Externally, the cracked portion and the global model were combined, and the stress analysis was
executed in ANSYS. Thereafter, the results were read in FRANC3D, and the stress intensity factors
along the crack front were calculated by the M-integral approach [29].

Figure 6: Mesh of the sub-model representing the crack growth region of the components. A close-up of the initial crack
(a = 3 mm) is shown.
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The crack extension at any point i in the crack front was computed as a function of a user-prescribed
median crack extension (∆amed ):


∆ai = ∆amed

Ki
Kmed

2

(16)

The new crack fronts generated by connecting dierent points exhibited a piecewise linear shape
that could be smoothed using a third order polynomial spline [16]. These steps were executed iteratively
for several successive steps.
The loading schedule was dened as a simple cyclic prole where K varied indenitely between
maximum and minimum values applied during the tests. The main output of FRANC3D was the crack
length at any point of the crack front as a function of the elapsed cycles.

4. Material characterization and fatigue testing of components
4.1. Material characterization
42CrMo4 steel is very often used in bearing rings for wind turbine blades because its excellent
hardenability properties that permit to achieve high hardness on the raceway of the rollers [3]. In this
work, the properties of this steel were characterized, which are needed for applying the methodology
presented in section 2.
Validation components, Compact Tension (CT) specimens for crack growth curve characterization
and cylindrical specimens for determination of tensile properties were extracted from a real wind
turbine bearing ring subjected to bulk tempering (see Figure 7). Validation components and CT
specimens were oriented so that the crack would grow in the radial direction, as observed at rings in
operation (see Figure 1b).

Figure 7: Position and orientation of validation components and characterization specimens inside the bearing ring.

The tensile properties such as yield strength, ultimate tensile strength and Young's modulus were
determined according to UNE-EN ISO 6892-1:2010. Crack growth curves were obtained according to
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ASTM E647-15 standard at the stress ratios of interest. Those curves were tted independently using
the NASGRO equation (10) in NASMAT module of NASGRO v8.1 software allowing the C , n, p and

q tting coecients for the NASGRO equation to be found.

4.2. Geometry of validation components
The validation components consisted in 6 mm thick plates with a 60 mm long calibrated central
region presenting a hole drilled asymmetrically (Figure 8). In the 35.5 mm long ligament, a 2 mm long
and approximately 0.25 mm wide precrack was performed by wire electric discharge machining (Detail
C). In the upper and lower ends knurled blocks were attached to the testing xture for gripping.

Figure 8: Geometry of the tested components. Dimensions in millimeters.

4.3. Testing conditions for validation components
The components were tested under load control, by applying a sinusoidal axial force at a frequency
of 15 Hz. In all the tests, the maximum force value was conned to 50 kN, which corresponded to
a remote stress (σ rem = P/ (eH)) of 94.70 MPa (see Table 2), so that linear behavior of the material
prevailed at the crack tip throughout the propagation and small scale yielding could be assumed.
Tests were carried out at three dierent stress ratios, namely R = 0.1, 0.35 and 0.6, whereby each
test was repeated twice using two dierent specimens. The values for the stress ratios were chosen
according to the rainow matrix assessed for a real wind turbine bearing ring.
Table 2: Maximum values and ranges of applied forces and stresses.
rem
net
Pmax ∆P σmax
∆σ rem
σmax
∆σ net
R [-]
(a = 3 mm)

;
[kN]

;
[MPa]

;

[MPa]

; ∆σ [MPa]

Test

Spec. ID

1

OH_P1 & OH_P2

0.1

50 ; 45

94.70 ; 85.23

151.5 ; 136.4

256.4 ; 230.8

2

OH_P5 & OH_P6

0.35

50 ; 32.5

94.70 ; 61.55

151.5 ; 98.48

256.4 ; 166.67

3

OH_P3 & OH_P4

0.6

50 ; 20

94.70 ; 37.88

151.5 ; 60.61

256.4 ; 102.6
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net
σmax

net

(a = 25.5 mm)

A SERVOSIS MUF-401/15 hydraulic testing machine with a maximum load capacity of 150 kN,
equipped with a HBM U5 force transducer, was used in the experimental campaign (Figure 9, left).
Crack length was measured on both faces of the components using crack detection gauges (Figure
9, right), from 3 mm up to 22.5 mm or 25.5 mm, depending on the crack gauge. The maximum net
net
section stress (σmax
= P/e/ (H − a)) varied from 151.5 MPa to 265.4 MPa, as shown in Table 2.

The previous growth from the end of the 2 mm-long starter notch to 3 mm was excluded from the
analysis with the aim of eliminating blunt tip eects [30]. In order to validate the gauge measurements,
the tests were interrupted at certain times, and components were dismounted from the fatigue machine
to observe them in a Nikon SMZ645 microscope. Both measuring techniques provided very similar
values. Crack length at the end of stable crack growth was measured visually by post-mortem inspection
of the fracture surfaces.

Figure 9: Photographs of the testing setup (left) and a component (right).

5. Results and discussion
5.1. Experimental results at dierent stress ratios and force ranges
Figure 10 shows the experimental evolution of the crack length with respect to the number of cycles
under three dierent testing conditions (see Table 2).
The results from the components tested at identical conditions show high repeatability, with relative
dierences below 15% in number of cycles throughout great part of the measured crack growth extent.
The last points of each curve indicate the onset of unstable propagation, where sudden failure of the
remaining ligament occurs.
While keeping the maximum applied force constant at 50 kN, average fatigue life increases with
decreasing force range and increasing stress ratio. For ∆P = 45 kN and R = 0.1 the fatigue life
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extends over 200 kcycles, for ∆P = 32.5 kN and R = 0.35 the lifetime increases up to 500 kcycles,
approximately, and for ∆P = 20 kN and R = 0.6 the components are able to sustain around 1700
kcycles before catastrophic failure occurs. The six components fail suddenly at a = 33.5 − 34 mm when
the remaining ligament is about 1.5 − 2 mm long, regardless of testing conditions.
Increasing force range and stress ratio are known to have opposite eects on the crack growth rate
[31], but in this particular case the change in the magnitude of the former is predominant. In addition,
the fact that collapse occurs always at same critical crack length indicates that the nal failure is
governed, as expected, by the maximum stress intensity factor [16] resulting from the maximum force,
which is kept constant in all the tests.

Figure 10: Experimental crack growth in function of cycles measured for dierent testing conditions.

5.2. Comparison between BS 7910:2013 predictions and experimental results
Figure 11 shows the BS 7910:2013 predictions and experimental results of the crack length as
a function of time. Each graph corresponds to a given set of testing conditions from Table 2 and
predictions are done according to alternatives summarized in Table 1.

5.2.1. Alternatives 1 (G), 1 (C), 2 (G) and 2 (C)
For all cases, Alternatives 1 and 2 overestimate the crack propagation rate signicantly and predict
catastrophic collapse prematurely in terms of the number of cycles to failure. Alternative 2 (G) is the
most conservative prediction in the three scenarios, underestimating fatigue life by more than 96%.
Among Alternatives 1(G), 1(C), 2 (G) and 2 (C), Alternative 1 (C) is the one yielding the closest
results to the experimental values, though the error in number of cycles to failure is around or over
50% depending on testing conditions. There are no clear dierences between Alternatives 1 (G) and 2
(C). They provide similar results for the rst two load cases, with errors up to 87-88% in the number
of cycles, but the former is better for the last scenario (errors of 82.6% and 90.4%, respectively). These
relative dierences are referred to mean experimental values.
15

Figure 11: Experimental and predicted crack growth as a function of cycles under dierent testing conditions. a)
Alternative 1 and 2 predictions. b) Alternative 3 predictions.
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Alternatives 1 and 2 estimate the critical crack lengths of 18.38 mm and 16.82 mm, respectively.
These values are about half of the experimental ones, with errors of 45.9% and 50.5%. Predicted
critical crack length depends neither on R ratio and force range nor on the fatigue growth properties,
which is consistent with experimental observations.
As expected, the use of crack growth curves characterizing the material at the particular stress
ratio helps to enhance predictions signicantly, particularly in Alternative 1. However, the error made
in calculating the stress intensity factor renders the predictions of fatigue failure too conservative for
both Alternatives 1 and 2.
The results show that Alternatives 1 and 2 are valid for preliminary and conservative estimations
though none of them is suitable for acceptable prediction of crack propagation. The discrepancies
among Alternatives 1, 2 and 3 in the estimation of crack length as a function of time are determined
exclusively by the large dierences shown by the computed stress intensity factors (Figure 5). Discrepancies in failure detection are also caused predominantly by SIF variations, because the assessment
line used in failure evaluation is almost identical in all the alternatives.
The predictions from Alternative 2 are less accurate than those from Alternative 1, what means
that it is not worth building a nite element model for the uncracked body for computing local stresses.
Such a study is time-consuming that does not contribute to improve predictions.

5.2.2. Alternatives 3 (G) and 3 (C)
Alternative 3 (G) is very conservative to estimate the lifetime to collapse, leading to errors around
(65-75%). However, that alternative predicts the nal crack length accurately (33.05 mm

vs. ≈ 34

mm), with an error below 3% for any case. Alternative 3 (C) is as good as Alternative 3 (G) for
estimating critical crack length, also improving remarkably the estimation of the number of cycles to
failure. In the rst two testing conditions, fatigue lives predicted by Alternative 3 (C) are only 3.94%
and 6.54% higher than the experimental average lives, whereas in the last case (R = 0.6) the expected
life is shorter by 25.6%.
Again, the characterization of crack growth curve is crucial allowing excellent predictions of a vs.

N at R = 0.1 and R = 0.35 to be obtained. The prognosis deviates considerably from the experimental
measurements at R = 0.6, what could be assigned to the fact that the NASGRO equation, used here
for describing crack growth, suppresses crack closure at R = 0.6.
It follows that Alternative 3 (G) is not recommended for predicting crack length in time accurately,
which is essential for programming an inspection plan, for instance. However, that alternative is ideal
for determining the critical crack length, which represents a failure criterion. If an accurate calculation
of the crack length evolution is needed, the stress intensity factor has to be calculated for the exact
geometry of the cracked component, and material crack growth curve has to be characterized at the
stress ratio of interest, as in Alternative 3 (C). However, small calculation errors may lead to slightly
dierent predictions falling on the unsafe side.

5.3. Comparison among Alternative 3 (C) predictions, FRANC3D simulations and experimental results
Figure 12 shows the experimental mean values of the crack length at the component face and the
results of simulations performed in FRANC3D under dierent testing conditions using characterized
crack growth properties. The predictions of the most accurate BS 7910:2013 methodology are included.
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Figure 12: Evolution of the crack length at component face: experimental mean values and predictions according to
FRANC3D and Alternative 3 (C).

At R = 0.1 and R = 0.35, the results of the simulations performed using FRANC3D are nonconservative in terms of the critical length of crack and the number of cycles to failure. In both
scenarios, the expected life according to this program is about 17-19% longer than that measured, and
in any case, the complete failure of the components is predicted when there is no uncracked ligament
left (a ≈ 35.5 mm). This means that the critical crack length is overestimated by 5%, approximately.
At R = 0.6, FRANC3D underestimates fatigue life by 17% with respect to experimental mean. As
opposed to the results at other testing conditions, the predicted crack length is higher than the real
one for any time. However, the critical crack length does not change among simulations, because it is
given by the maximum load, and it is 5% higher than measured, also at R = 0.6.
The overestimation of the critical crack length in FRANC3D can be assigned to the fact that the
Failure Assessment Diagram evaluation is not implemented, whereas only the condition Kmax < Kmat
is veried, as considered by the vast majority of authors [16, 32, 33].
For the three loading cases, FRANC3D underestimates the crack growth compared to Alternative 3
(C). Since NASGRO equation provided with the tted coecients is used in both cases, the dierences
can be attributed exclusively to the dierent way of calculating the stress intensity factor. FRANC3D
results are supposed to be more reliable than those of Alternative 3 (C), because no assumptions are
made regarding magnitude and direction of the crack advance. In Alternative 3 (C), the crack front is
forced to be straight, and the advance is driven by the maximum value of SIF at the midpoint of the
crack front. This premise of FRANC3D being more accurate than Alternative 3 (C) is not fullled at
the rst two scenarios.
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Figure 13 shows the crack evolution for any load range and stress ratio, simulated using FRANC3D
combined with ANSYS. A median crack advance of 1 mm was chosen up to a length of 30 mm, while
from that point on the advance was reduced to facilitate remeshing and convergence of the stress
analysis.

Figure 13: Simulated crack fronts and stress intensity factor proles for certain steps.

The crack starts as a straight line, then bends and eventually returns to the original straight shape.
This transition of the crack front shape is caused by the distribution of the stress intensity factor
range along the crack front and its variation as crack advances. At the initial crack front (Step 0) the
stress intensity factor is maximum at the mid-thickness, which propitiates larger crack growth at the
central region than at the edges, which is known as crack tunnelling phenomenon [25]. As a result,
the arc-shaped conguration is observed at Step 1 shown in Figure 13.
During the following successive steps shown in Figure 13 (Steps 2-7-12-17-22), the stress intensity
factor remains relatively constant throughout the thickness with sudden decreases at the edges, while
the curved cracked front advances uniformly. From Step 27 onward, the stress intensity factor prole
has a valley at the mid-thickness. At the nal propagation phase, the points located at the outer
region propagate faster so that the crack fronts almost recover the straight prole again.

6. Conclusions
In this work the growth of a hole-edge crack propagating in 42CrMo4 steel under mode-I cyclic
loading was predicted analytically, simulated and measured experimentally. Analytical predictions
were performed based on the BS 7910:2013, resorting to dierent alternatives of increasing complexity.
On the other hand, crack growth for that particular geometry, material and loading was simulated

19

jointly in FRANC3D and ANSYS. A quantitative and critical comparison with experimental results
led to the following conclusions.
Regarding the estimation of critical crack length:
 Contrary to any logical expectation, a more sophisticated calculation of the stress intensity
factor may not contribute to enhancing the estimation of the critical crack length. The numerical
calculation of the local stresses in the uncracked body does not necessarily improve the prediction
of the critical crack length performed following purely analytical alternatives that compute both
stress and stress intensity factor using closed-form expressions. In this case, the former was less
accurate, yielding a critical crack length 50% lower than that measured experimentally.
 The optimal way to obtain a reasonable estimation of the critical crack length implies calculating
the stress intensity factor for the exact cracked component geometry using nite element methods.
For ductile fracture, the Failure Assessment Diagram (FAD) should be used as a failure criterion,
because brittle fracture criterion (Kmax < Kmat ) yields non-conservative results. In this case,
the FAD-based predictions provided a critical crack length 3% lower than experimental ones,
whereas this variable was overestimated by 5% considering brittle fracture exclusively.
Regarding the estimation of number of cycles to failure:
 Once again, it may not be advisable to compute local stresses numerically, since the predicted
number of cycles to failure may be less reliable than that obtained using analytical expressions.
In this case, using a generic crack growth law, the total fatigue life was underestimated by more
than 96% for any load range or stress ratio.
 For obtaining acceptable predictions, it is indispensable to use 1) numerically calibrated stress
intensity factors and 2) crack growth coecients tted to growth curves measured at corresponding stress ratios. In this case, this allowed the estimation of fatigue lives with errors of 3.96%
and 6.51% at stress ratios of 0.1 and 0.35. At R = 0.6 predictions were less reliable, with errors
around 26% on the safe side.
 In this case, simulating crack growth by iterative remeshing changed the previously mentioned
predictions slightly, due to minor variations in stress intensity factors. However, dierences
should be evaluated in the real complex geometry of the cracked wind turbine bearing.
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